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Abstract

All possible selfadjoint extensions X of Hyy = —(%)2, whose domain is

C*°—functions with compact support on open interval (0,1) is obtained. It
is shown that there is a bijection between X and all 2 x 2 unitary matrices
U(2). We characterize all selfadjoint extensions in terms of boundary con-
ditions. Among X, we consider selfadjoint operators H, with real parmeter
a (Hau(zx) = —u(z),u(0) = 0,au’(1) = u(l)). We find the inverse sum
S(a) of the all positive eigenvalues of H, by applying the trace formula and
examine the properties of S(«a). It can be seen that the property of S(a)
changes greatly depending on whether H, has a zero eigenvalue or a negative

eigenvalue.
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o= Ly(I) %2 5. N
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B)0<a<lorxE H, DAXRZ MUIIEDOEEME {N2(a)}e, EBDEHH
A () DATHS. 22T A (a)lF az =tanhz D1 DDEDRTH 5. Z L CHE

53



BiE N\ (a)(n 2 1) OEIFEZEMZE, Xl T, EEBEK on(r;0) 2OEKREIN S, £
—A\2 (o) WCRIG T B EHEZMS, Xotl T, EHBEK
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Hilu(z) = /0 k(x,y)u(y)dy, k(z,y)= {x + 2 (0<z=y<l1)

1
y+ 2 (0<ysz<l)

«

4-4 FEFA
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WHEELT,

Tu(x) = (u(y), eo(y; 1)) Tpo(z;1) + > (w(y), en(y; 1)) Tipn (x; 1)

= <U(y), wo(y: )Tpo(x; 1) + > %(Dson(y; D)on (; 1))

DD LD, ZhED

k(z,y) = wo(y; DTpo(w; 1) Dpn(2;1)
L%, EHICEIELT
Too(x;1) = —%ga;?’ + gx/gac
&b,
k(x, ) = po(;1)Tepo (5 1) Z (z;1))?
8
1, V3 5 3 =1 )
w+§x =3z (—?m —i—g\/gx) —i—nz_:)\% 1)|<pn(w;1)|
Y BDT,
1 1 9 9
12 = a_ (14 _ 4 _ 2 2
Z:: (z;1)]2 x+2x (2 —1—5:(:) x 5:c+a:
LIR%. TR 37U
1
9 1 3 1 1
_ a_ 9 2 _-_9%,-_
S(l)—/O (x 7 + z)dx E 5+2 10
BEHN5.
5. S(a) DHE

7 S(«) OEHEZHHNS.

5-1 EIf
Sla)iFa#1THBETHD,
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57



5-2 SIEH
2~V tanh 2 KR (0, 00) % & BIXE (0,1) ~NOMHFHEETH 3 = & AW EEF
B2 B35, ZHED A_(a) bIEREMS AT,
A_(+0) =00, A_(1-0)=0

THb. S(a) DERIPS, £F a#0,1 THEHEET,

S(=0) = 5+ 57— = § = SO S0 = 5+ g + 55 = § = 50)

XD a=0THHEETHS. KU S(1+0) =400 FHLLTHS. a—1-0DL E,

B:=A_(a) = +0

THh, |
o= ltanh =1 262 + =5+ O(8°)
3 15
ThHs. L&D . . )
- - = 2
a—1 IoR 5+O(5)
CIRBMH
o (oL 2 oy, Ly_ 1 _
S(1—0) 61330(2 > 5+0(5)+52)_10_5(1)
THb.

B (o) ORGHIIME R R TH <.

5-3 EE

1) a>1,aS0DEE, a BWHBEE - HEE - RERVE - BEELIIGTC T S(a) HAH
B SRR RBVE - BT D 5.

2)0<a<lotZ aEFEELOIE S (o) ZEMETHS.

5-4 I8
(1) 1 S(a) DFERDPLHEPTH 5.
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2)0<a<l,a3FHEETS. f:=A(a) tBL. p2=L (peZqeN) »HH
Mrise,
g% —p=0

I, BB THE. O XY Y FerOfR @  HE 2 b e? R
MBS 5 Z 2 idw, ZRVS o 3REWETIER V. —7F af =tanh 8 225

(@®8% = 1)()! +2(a?B% + 1)(”)? + (267 — 1) =

6ﬁ%®“€ P IIRBETH A LI ho THEDRT 5. JZO’C VIR 72
DT, S(a) = 5+ 5 + 3 FIEHHTDH 2.
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