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Abstract
This is a continuation of our previous paper, in which we determined all possible
selfadjoint extensions of — ( L)2, whose domain is C*°—functions with compact
support on open interval (0,1). In this paper, given an arbitrary real number,
we investigate which extension has an eigenspace of dimension 2, and compute
the reciprocal sum of the positive eigenvalues of those operators. They give

new infinite sum formulas and alternative proofs of well-known ones.
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311 B 41> 0,sinp £ 0 ¥ F 5. H(U,) 8 0 EERE b LOBE 55T

TN
tan(Z) =L
an(2) 5

BRDIMOZ Y THE. COY FYnEEEEE, © — L TRONS.

3-12 5EBR H(Uyv = 01& —v"(z) = 0 Z2ERK T 206, A, B ZEHE LT, v(z) =
A+ Bx D TH 5.

v(1) +v(0) =24+ B, v(1)—v(0)=DB, '(1)+2(0)=2B, J'(1)—'(0)=0

THhoho, BHREMHFLD A B

0

—F—B
tan(5)

2B = 0= —uptan(=)(2A + B)

N =

Eii7eF. tan(h) £ L QL EFX, B=0THD,24+B=0»5A=B=0Tb%. ¥
7ztan(h) =L D X, 24+ B = 0 DAHMFRAFLODT,

1

THs5. U

I3 EE 4> 0,sinp#A0T 3. —A2(A>0) 2 H(U,) ZADEHMEY 722 08+
ZHE A > 0RO E LD HERDRE 822 TH 3.
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(i) nr— T < <nr(n=1,2-) Ok 2& AER (8) IR, (9) 1311 50
BAEHD. FEHEME N2 ST 2 EEZEMIZ, ete ™ 4 A TROHNS.

(iii) nm < § <nwr+ 5 (n =1,2,---) @ Z&, FEK (9) REwv. o
THENX tanA = XDHELDDIRZ N\, £ 52, ) E N\, < § <nn+ 5 DL ERI
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—ere ™M 4 AT TIRBN G,

3-14 AR
A>0833. HU v = -A201d —0"(z) = —\20(z) 2 EHERT 305,
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DKTH 5.
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tan(%)

{A)\e% 1 Bled =

—AXe”% + Bae? = s (—Aem tanh(3
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MESENG. A=B =0 LSNOMHBEET S A\ > 01,

A 7 A py\ o
(tanh(%) - tan(%)) ()\tanh(Q) —I—utan(2)> =0
Zi7z T RFAUIR SRV, 22T f(x) = ENE) (T HLFREE T

f(z) > 1z >0), f(oo) = oo,

TH5. £/ g(r) = xtanh(z) 1 x > 0 THFAHEMT,

ThHb. £oT
0<a<ior=i

flz)>1> taia’ —atana < 0 < g(z)

BODT, f(z) = 2=, 9(z) = —atana ZHzF z > 013720,

i) nm =% <a<nr(n=12-)0&EF % <0<1< flz) BDT,

’ tana

fz) = 2= ZHi7zF 2 > 0137320V, 0 < —atana RDT g(x) = —atana Z{fi7z T

tana

r>00MEL1 oD 3.

(iii) nm < a <nm + §,(n=1,2,---) £ &X, —atana < 0 < g(x) RDT, g(z) =
—atana 2723 > 013%V. ¥, A, <a<nr+ 5 OrE, - <1< fx) RD

? tana
T, f(r) = &% %2l 2> 0 BEFELRV. nm<a <\, DL EE, 1< % TH?
25, f(r) = % &z o > 0 25ME 1 DfFET 5.

M Eoi#m»o, A>00DL &

A o Ay 1
tanh(2)  tan(%)’ Atanh(3) = —p tan(3)

DFEIRHCH D LD Z 13 Wh 5, L~ riiuE, A= e B7%ODT

A
tanh(2) ~ tan(%)
Ae™® | B = B (—ere™ 4 )
THDH, AMtanh(3) = —ptan(L) B5I1X, A= B TH 305
Ae™ 4 BeM = B (eXe 4 M)
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2

YulElFEZ D 7250, 22T HUy) OFEHZRIERD k(x,t) ZHo%E LB EH
ZOWTRDZ Z e K3,

H(U3) ™ u(@) = (u(t), k(z, 1)),

3-16 SRR —v(2) = u(x) BHERSEM

V(1) = 0'(0) = %{v(l) +0(0)}, v'(1) = v'(0) = =5 {o(1) = v(0)},

DT THRIFERW. O

t 123
3-17 FIE 1 > 0,sinp £ 0,8 = ﬁf)%1tﬁé.:@t%HWQM€nﬁﬁﬁ%%

2rn. 2 LT H(Uy) OREHEO WA, T SADT,
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THs.

ZOEHETIE H(U,) OEAME p? OBEEE (FHEZEMOXIT) 512, Zoftud 1 20T,
;ﬁﬁzﬁﬁéMTmé.ikﬁ@ﬂﬁ@@%oktbf%%&1@&®fpmmm25@
FRZH B 720,
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DFFANZ, FL—20n8K @60 e,

3-19 EE 0 < % <T 3% ZOrEatany = %tan% DIET/NXWHEDLS n HEHD
Wrv,(n=1,2,---) 33t

— " 2 ptan(%)

o=

TH5.

BB — +0 DL E MBS 201, #iaa D THo5 X — XK 2 RN
BB IroTED, HILWERTIZRW.

3-20 EERF

0< b < I 7%oT, EH3-13 &b, HU,) BAOEEMEIZS 2w, £k =

t”()>1f%%#6 SEFE 3-17 X D IEQEAEOMEAA DD, EH 3-9 £ b
> L, = .2 1 B 1 1
ADIZ Y AP 2+—:—<——+———+—)
rEFIeAHERE. coea=2Y u i

)

At tan(%) = 1~ ! tan(

N =

DIRTH 205,
A A
tan(§) = 5(5)

DD ILD. tanx = Sx DIERDH 2 FHNI D> TV 5.

A g, 1 1 1 /1. 1
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A =24 = ity
SO = i (37 5)
—J5, A=A, u ik

2) = ptan(2)

At
an(2 5

ORTHEDE, {vyin=1,2,}E{& 2 m=12.-} Th3. ko<

iy—Z_i ﬁ _2+(H)—2_4 i()\(2))_2+i
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=25 1 chrrE HU) BEREE#EDS. hA0EEHIE. 1HE
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2

HEOUHAE L+ L ThH 5,

4. BEME —p? ICHIETIEEERMORTH 2 %D H(U)

p>02ERICEA e &, — 2 REEMEE U, ZOEEZER Ker (H(U) + p?) OXIT
22 23 HOHBAER HU) DFET 20 5 0#N5. D HIINTTLRET,
W ETX O EELZDOT, SEHR L THEED AR S .
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(i) =22 HU) oEAETH Y, ZOEEZEBMORICH 2 TH % 2D0E 75
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1 21
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a=—-(e"—1)*(ez—e 2)7, ﬁ—§(e +1) ez +em2)%, K= (et —e=m)(e2™ — 1)

(ii) H(Us) DEOBEAME —u2 LAz,

(iii) H(Us) OIFEMFE

V(1) +0'(0) = iy {o(1) — v(0)}
v'(1) = v'(0) = ptanh(5){v(1) +v(0)}
(ifi) H(Us) OEOEEREE 12 £ 02, 02 m=1,2,-)Ths. cztAV i
A>0, A1 tan(%) =t tanh(g)
RTINS VE2 S n BHOETHD, AP &
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RTINS VDS n BEHOWRTH 5. TEOERB m,n ic LT MY 222 vrs
TW%. BEFZEMOXITIZ1ITH 3.
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H(Us) 3 aEfEL S 72720,
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